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CADERNO DE QUESTÕES E SOLUÇÕES

LEIA AS INSTRUÇÕES ABAIXO ANTES DE INICIAR A PROVA!

01. Só r st rno pós lr todas s nstru̧õs  quno or utorzo plos ss  sl.

02. Prn os os pssos.

03. A prov ́ ompost  12 qustõs  múltpl sol: Pr  qust̃o sr́ trúıo um vlor
m́xmo  10 pontos, totlzno 120 pontos.

04. Pr mrr  rspost, utlz pns nt sror́ prt ou zul om o molo:

05. A mr̧̃o  ol  rsposts ́ ntv, n̃o mtno rsurs.

06. Mr̧õs upls, m rno ou rnts o xmplo m sr̃o sonsrs.

07. S o rno n̃o stvr omplto, x outro o sl  sl.

08. Ao rr  ol  rsposts, onr su nom  sus os pssos. Comunqu mtmnt
o sl qulqur rrulr osrv.

09. N̃o rsqu, n̃o mss, n̃o or  n̃o su  ol  rsposts, pos sso por́ pru́-lo.

10. Os ss n̃o st̃o utorzos  mtr opn̃o nm  prstr slrmntos sor o ontúo s
provs. C ún  xlusvmnt o prtpnt ntrprtr  r.

11. As solu̧õs os xr́ıos por̃o sr ts  l́ps ou  nt. É  rsponsl o() stunt
vrr s  prov st́ l́ıvl nts  nv́-l. Pssns l́ıvs por̃o sr sonsrs.

12. S  Comss̃o vrr qu  rspost  um qust̃o ́ ú ou nxstnt,  qust̃o sr́ postr-
ormnt nul,  os pontos,  l orrsponnts, strúıos ntr s ms.

13. Dur̧̃o  prov: 2 ors  30 mnutos.

Nome:

Número da Identidade: Órgão Expedidor:

Assinatura:
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Q1. Num trmn m́qun s  tl × or prt, o númro qu st́ n tl ́ multplo por 3; s tl
− or prt, o númro qu st́ m tl ́ mnuo por 2. Por xmplo, s o númro m tl ́ 10, prtno
 tl − prr́ o númro 8. Por outro lo, s o númro m tl or 10  prtrmos  tl × prr́ o
númro 30.

Com̧no om o númro 1 n tl, qunts vzs no mı́nmo s tls ”×”  ”-”vm sr prts pr qu
pr̧ o númro 17 n tl?

(A) 4

(B) 5

(C) 6

(D) 7

(E) 8
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SOLUÇÃO:

Pr nontrr o mı́nmo, st surmos o lortmo nturl xo:

-S o númro m tl ́ mnor qu 17, onsrmos s us possls  lqu.

-S m o momnto, o númro m tl ́ mor qu 17,  prtr ́ı, prtrmos pns  tl − qunts
vzs or nss́ro t́ r o 17.

- S m o mno ́ lmos ms vzs qu m outro mno qu ou m 17,  n̃o stmos m 17,
prmos. S mos m o momnto m um vlor qu stv m outro mno, prmos. O rm
xo mostr s possls  mno  oro om o lortmo:

Fur 1: Drm suno o lortmo

Portnto, o mı́nmo ́ 6 oto suno o mno: 1
3×−−→ 3

3×−−→ 9
−2−−→ 7

3×−−→ 21
−2−−→ 19

−2−−→ 17.

Portnto,  ltrntv orrt ́  ltr (C)
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Q2. Dnmos um ́ono omo um poĺıono  10 los. No ́ırulo xo st̃o spostos 11 pontos stntos.
D quntos moos s po ormr um ́ono solno 10 sss pontos omo v́rts?

(A) 10

(B) 11

(C) 21

(D) 110

(E) 1110
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SOLUÇÃO: Pr ormr um ́ono, st solr o v́rt qu r́ or. O v́rt po sr solo 
11 mnrs.

Portnto, pomos ormr um ́ono  11 orms rnts, o qu mostr qu  ltrntv orrt ́  ltr
(B)
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Q3. Num ul  potn̧̃o,  prossor pu  Prno qu lulss o últmo to  20232023 Inlmnt,
Prno pnsou m usr  su lulor, por́m soru qu  msm n̃o onsu xr númros rns.
Ent̃o, u usr os rursos  rtm́t pr nontrr o to po. Sno qu l rtou, qul o
últmo ́ıto nontro?

(A) 1

(B) 3

(C) 9

(D) 7

(E) 6
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SOLUÇÃO: Osrv o sunt ro́ıno:

30 = 1

31 = 3

32 = 9

33 = 27

34 = 81

35 = 243,



ou s, xst um pro ntr os últmos tos s pot̂ns  3 qu ́  squ̂n 1397, on os
númros 1, 3, 9  7 st̃o ns pos̧õs 0, 1, 2  3, rsptvmnt. Al́m sso,

2023 = 505 · 4 + 3

Nst so, o rsto  vs̃o 3 rprsnt  pos̧̃o  squ̂n pró qu ́ o númro 7

Portnto,  ltrntv orrt ́  ltr (D)
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Q4. Um spostvo ont́m nov pn́s spostos num tulro 3 × 3. C pnl tm os stos posśıvs: l
po str so ou po. Quno tomos m um pnl, toos os pn́s qu st̃o n msm ln  msm
olun mum  sto nluno o pnl no qul tomos. S  ”x” xo rprsnt um luz p,
quntos toqus s̃o nss́ros pr qu toos os pn́s qum sos smultnmnt?

x x

x x

x x

(A) 1

(B) 2

(C) 3

(D) 4

(E) N̃o ́ posśıvl nr tos.
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SOLUÇÃO: No qu su, st lr n ntrs̧̃o  prmr ln om  prmr olun pr otr 
sunt onur̧̃o:

x

x x x

x

  sur lqu n ntrs̧̃o  sun ln  sun olun,  ssm trmos toos os pn́s los
smultnmnt, o qu mostr qu  ltrntv orrt ́  ltr (B)
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Q5. Um pr (x, y)  ntros postvos ́ to tzo s x + y = 300  m...(x, y) = 10. Quntos s̃o os prs
tzos?

(A) 8

(B) 9

(C) 10

(D) 30

(E) 40
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SOLUÇÃO: Ds qu mdc(x, y) = 10, nt̃o xstm k  p ntros postvos ts qu x = 10k  y = 10p, on
mdc(k, p) = 1 Al́m sso, su qu k + p = 30 Portnto, o totl  prs (k, p) qu stsz k + p = 30 om
mdc(k, p) = 1 ́ 8, o qu mostr qu  ltrntv orrt ́  ltr (A)
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6. Um oo  rts, tm 30 rts zus  30 rts vrs. As rts   rupo s̃o numrs  1 t́ 30.
As rts m vrs pr xo, n̃o sno posśıvl vr o su númro. Em  o, o oor p um
rt vr  um rt zul. S  som os númros s rts ́ pr, l pontu. Pr quntos prs  rts
o oor n ponto?

(A) 10

(B) 30

(C) 60

(D) 450

(E) 550
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SOLUÇÃO: S o oor p um rt  númro pr, st pr outr rt  númro pr ntr outrs
15 spońıvs, nt̃o tmos um totl  15 · 15 = 225 prs. S o oor p um rt  númro ı́mpr,
st pr outr rt  númro ı́mpr ntr outros 15 númros ı́mprs spońıvs, nt̃o tmos um totl
 15 · 15 = 225 prs. Ent̃o, onlumos qu  qunt  prs ́ 225 + 225 = 450, o qu mostr qu 
ltrntv orrt ́  ltr (D)
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7. N ur xo, ABCD ́ um rt̂nulo. S AP = 1
3AC, qul ́  rz̃o ntr  ́r o tr̂nulo APD   ́r

o rt̂nulo?

(A) 1
5

(B) 2
9

(C) 3
10

(D) 1
6

(E) 3
8

14



SOLUÇÃO: S Q o ponto sor  onl AC tl qu AP = PQ = QC. V ur xo

Consrno qu os tr̂nulos △APD, △PQD  △QCD tm  s sor  onl AD, tmos qu ls
possum  msm m   msm ltur, loo tm  msm ́r. D́ı:

[APD] =
1

3
[ACD] =

1

3


1

2
[ABCD]


=

1

6
[ABCD]

Loo,  ltrntv orrt ́ ltr (D)
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8. N ur xo, um rt̂nulo o oro. Qul ́  m o ̂nulo α?

(A) 125o

(B) 135o

(C) 140o

(D) 130o

(E) 150o
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SOLUÇÃO: N ur xo, os ̂nulos ∡APB  ∡DQC s̃o orrsponnt, om rspto s prlls DQ
 AP , loo tm  msm m.

Aor, not qu o ̂nulo α ́ um ̂nulo xtror o △RQC. Loo,

α = ∡RCQ+ ∡RQC = 90o + 35o = 125o

Portnto,  ltrntv orrt ́  ltr (A)
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9. N ur xo, tmos QB = 5 cm  AR = 2 cm. Qul ́  ́r o rt̂nulo RPQC?

(A) 9 cm2

(B) 10 cm2

(C) 11 cm2

(D) 192 cm2

(E) 212 cm2
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SOLUÇÃO: Dnotno o lo RC por x  o lo QC por y  usno smln̧  tr̂nulos, onlumos qu

y

2
=

y + 5

x+ 2


Consquntmnt, xy = 10, o qu mostr qu  ́r o rt̂nulo RPQC ́ 10cm2  ssm,  ltrntv orrt
́  ltr (B)
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10. Qul ́ o to  un o númro xo?

(55 + 1)(56 + 2)(57 + 3)(58 + 4)

(A) 1

(B) 2

(C) 4

(D) 6

(E) 8
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SOLUÇÃO: O últmo to  um pot̂n  5 ́ smpr o númro 5 D́ı, pomos onlur o sunt: Os
últmos tos os númros 58 + 4, 57 + 3, 56 + 2  55 + 1 s̃o 9, 8, 7  6, rsptvmnt. Loo, zno o
prouto os últmos tos, su qu

9 · 8 · 7 · 6 = 3024,

o qu mostr qu o últmo to ́ o númro 4,  onsquntmnt  ltrntv orrt ́  ltr (C)
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11. As ms m mtros os los  os quros s̃o númros ntros. S o quro mnor tvss 7m2

 ́r  ms, os os quros srm onrunts. Qunto po mr o lo o mor quro? Dica:
a2 − b2 = (a− b) · (a+ b)

(A) 4

(B) 5

(C) 6

(D) 7

(E) 8
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SOLUÇÃO: Assum qu os los os quros sm a  b, on a > b  a, b ∈ N Sno qu b2 + 7 = a2,
otmos  sunt tor̧̃o

a2 − b2 = 7

(a− b)(a+ b) = 1 · 7

Como a− b < a+ b nt̃o a− b = 1  a+ b = 7, tŕımos a = 4.

Loo,  ltrntv orrt ́  ltr (A)
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12. N prmr ro o Cmponto Prnmuno  utol, 10 nrssos no Est́o Jos́ o Ro Ml
tnm o msmo vlor qu 8 nrssos no Est́o Almr  Cost Crvlo. Após  prmr ro o
mponto, o pr̧o o nrsso no Est́o Jos́ o Ro Ml u 3%  o pr̧o o nrsso no Est́o Almr
 Cost Crvlo suu 7%. Qunto s pr́  ms, n sun ro o Cmponto Prnmuno 
utol, n ompr  10 nrssos no Est́o Jos́ o Ro Ml  8 nrssos no Est́o Almr  Cost
Crvlo?

(A) 1, 5%

(B) 2%

(C) 2, 5%

(D) 3%

(E) 3, 5%
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SOLUÇÃO: S x o pr̧o o nrsso no Est́o Jos́ o Ro Ml  y o pr̧o o nrsso o Est́o
Almr  Cost Crvlo. Osrv qu

10x = 8y

 o pr̧o totl sto n prmr ro ́ o por

P = 20x = 16y,

onsquntmnt, y =
5x

4


Após  prmr ro o novo pr̧o o Est́o Jos́ o Ro Ml ́ o por 0, 97x  o novo pr̧o o Est́o
Almr  Cost Crvlo ́ o por 1, 07y

Loo, usno o to qu y =
5x

4
, pomos onlur qu o pr̧o totl pós  prmr ro ́ o por

P ′ = 10 · (0, 97x) + 8 · (1, 07y)
= 9, 7x+ 8, 56y

= 9, 7x+ 8, 56 · 5x
4

= 9, 7x+
42, 8

4
x

= 9, 7x+ 10, 7x

= 20, 4x

Loo, P ′ − P = 20, 4x − 20x = 0, 4x =
1

50
20x = 0, 02 · 20x = 0, 02 · P, o qu mostr qu o sto onl ́ 

2%  ssm su qu  ltrntv orrt ́  ltr (B)
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